Introduction
This paper is concerned with several inequalities associated with Gaussian measures and measures generated by diffusions. We are mainly interested in hypercontractive inequalities, Poincare inequalities (spectral gap inequalities), logarithmic Sobolev inequalities, FKG inequalities, and correlation inequalities. A unified approach is developed to produce all these inequalities at the same time.
This approach is the so-called semigroup approach [9] , [10] , [6] . However 
Assume that F2(f) > RF(f), Vf e A. Then for every f e A such that Rg(Ptf) c J,
Letting T -oo, we have P(W(f)) 4(P(f)) + £P(4"(f)r(f)) . (3.4) Remark 1 In (9.4) letting ~(x) = x2, one gets the Poincare inequality and letting ~(x) = x logx (using the argument of Corollary 2.2), one gets the logarithmic Sobolev inequality, see [6] . For the Ornstein-Uhlenbeck semigroup, (2.8) is obvious so that the preceding proof of hypercontractivity for Gaussian measures is indeed rather simple. 4 
Gaussian Measures
For a Gaussian measure, we may also use the heat semigroup [8] 
